External direct product of a finite collection of groups, denoted 
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The set of all n-tuples for which the i-th component is an element of Gi and the operation is componentwise.  In symbols,
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Order of an element in a direct product
The order of an element in a direct product of a finite number of finite groups is the least common multiple of the orders of the components of the element.  In symbols,
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Criterion for 
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 to be cyclic

Let G and H be finite cyclic groups.  Then 
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 is cyclic if and only if |G| and |H| are relatively prime. 
Criterion for 
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 to be cyclic
Let Gi be a collection of n finite cyclic groups.  Then 
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 is cyclic if and only if |Gi| and |Gj| are relatively prime when i ≠ j. 
Criterion for 
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 if and only if ni and nj are relatively prime when i ≠ j.
U(n) as an external direct product

If s and t are relatively prime, then 
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Furthermore, 
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Corollary of U(n) as an external direct product
Let m = n1 n2 …nk, where ni and nj are relatively prime when i ≠ j.  Then 
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